We define a generalization of the Brauer group H n B (X) for an equidimensional scheme X and n > 0. In the case where X is the spectrum of a local ring of a smooth algebra over a discrete valuation ring, H n B (X) agrees with theétale motivic cohomology H n+1 et (X, Z(n − 1)). We prove (a part of) the Gersten-type conjecture for the generalized Brauer group for a local ring of a smooth algebra over a mixed characteristic discrete valuation ring and an isomorphism H n B (R) ≃ H n B (k) for a henselian local ring R of a smooth algebra over a mixed characteristic discrete valuation ring and the residue field k.
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Introdution
Let A be a Dedekind ring or field, X a smooth scheme over Spec(A), Z(n)é t the Bloch's cycle complex forétale topology and Z/m(n)é t = Z(n)é t ⊗ Z/m for a positive integer m. Then Assume that a positive integer m equals l in (i) or p r in (ii). Let R be a local ring of a smooth algebra over A, k(R) its fraction field and κ(p) the residue field of p ∈ Spec(R). is exact by ([13] , [2, p. 
and Rp is the strictly henselization of R p . 
for any positive integer m. Therefore we can regard the sequence (1) as (a part of) the Gersten type resolution for theétale motivic cohomology.
In this article, we prove results which relate to the above facts. First we define a generalization of the Brauer group in §3. This definition (Definition 3.1) is a revised version of [9, §3, Definition 1]. We show the reason why we can regard it as a generalization of the Brauer group (Proposition 3.1) and a relation between it andétale motivic cohomology (Proposition 3.2).
Second we prove the following main results in §4 and §5.
Theorem 1.1. (Proposition 3.2 and Theorem 4.2) Let A be a discrete valuation ring of mixed-characteristic (0, p) and R a local ring of a smooth algebra over A.
Then the sequence (1) is exact for m = p r .
Moreover, Theorem 1.2. (Theorem 5.2) Let R be a henselian local ring of a smooth algebra over a mixed-characteristic discrete valuation ring A and k the residue field of R.
Then the canonical map
is an isomorphism for any positive integer m. Finally we prove the following local-global principle in §6 by applying the above results. Theorem 1.3. (Theorem 6.1) Let R be a henselian local ring of a smooth algebra over a mixed-characteristic discrete valuation ring and k the residue field of R. Assume that char(k) = p > 0.
Then the local-global map
is an injective whereR p is the henselization of R at p.
Notations
For a scheme X, Xé t and X Zar denote the category ofétale schemes over X equipped with theétale and Zariski topology, respectively. X (i) denotes the set of points of codimension i and X (i) denotes the set of points of dimension i. k(X) denotes the ring of rational functions on X and κ(x) denotes the residue field of x ∈ X.
For t ∈ {ét, Zar}, S Xt denotes the category of sheaves on X t .
Definition of a generalized Brauer group
In this section, we define a generalization of the Brauer group. This definition is a revised version of [9, §3, Definition 1].
, and ∆ i = Spec D i be the algebraic isimplex. For an equi-dimensional scheme X, let z n (X, i) be the free abelian group on closed integral subschemes of codimension n of X ×∆ i , which intersect all faces property. Intersecting with faces defines the structure of a simplicial abelian group, and hence gives a (homological) complex z n (X, * ).
The complex of sheaves Z(n) t on the site X t , where t ∈ {ét, Zar}, is defined as the cohomological complex with z n (−, 2n − i) in degree i. Assume that X is a smooth scheme of finite type over a field or a Dedekind ring, then there is a quasi-isomorphism
For an abelian group A we define A(n) to be Z(n) ⊗ A.
Let ǫ : Xé t → X Zar be the canonical map of sites. Then we define a generalization of the Brauer group. Proposition 3.1. Let X be an essentially smooth scheme over a Dedekind domain. Then
where Br(X) is the cohomological Brauer group H 2 (Xé t , G m ).
We have the morphism
which is induced by the morphism
Let x ∈ X (0) and i x : x → X the closed immersion. Then the morphism
is an injective and
On the other hand,
by [9, §1, the equation (2)]. Therefore
and the morphism (3) is an isomorphism. Hence the equation (2) 
Especially, if A is a local ring of smooth algebra over a Dedekind domain and X = Spec(A), then the equation (4) holds and
for any positive integer m.
Proof. Since the canonical map induces a quasi-isomorphism 
is exact. Therefore the equation (4) holds. Assume that A is a local ring of a smooth algebra over a Dedekind domain and X = Spec(A). Then (6) . Therefore the equations (4) and (5) hold. This completes the proof.
Let K be a field and l a positive integer. Suppose that µ l ⊂ K.
Then we have
for an integer m ≥ 2 by the relation
Zar (Spec K, Z(n − j)) .
Proposition 3.3. Let X be an essentially smooth scheme over the spectrum of a Dedekind domain. Let α : Xé t → X Nis be the canonical map of sites. Then
Proof. Let β : X Nis → X Zar be the canonical map of sites. Since β * is exact and
we have an quasi-isomorphism 
is exact. Moreover the sequence (8) is exact and
for any i by [2, p.781, Proposition 3.6]. Therefore the statement follows from the Five lemma.
Proposition 3.4. Let X be an essentially smooth scheme over the spectrum of a Dedekind domain. Then
Proof. We prove the equation (9) . The sequence
is exact. Thus, the canonical map
by [2, p.786, Corollary 4.4]. Therefore we have the equation (9) . We can also prove the equation (10) as above.
Purity
At first, we show the exactness of the following sequence in equi-characteristic cases.
Proposition 4.1. Let A be a field or an equi-characteristic Dedekind domain. Let X be an essentially smooth scheme over Spec(A). Suppose that X is an integral quasi-compact scheme. Then the sequence
is exact.
Proof. Let g : Spec (k(X)) → X be the generic point. Since R n+1 ǫ * Z/m(n) is the Zariski sheaf on X associated to the presheaf
for any positive integer m, we have homomorphisms
Then it is sufficient to show that the sequence
is exact. Hence it is sufficient to show that the sequence (11) is exact in the case where X is the spectrum of a local ring of a smooth scheme over A. In the following, we consider H n B (X) in the case where X is mixed-characteristic cases.
Theorem 4.1. Let R be a local ring of a smooth algebra over a discrete valuation ring with quotient field K.
Then the homomorphism
is an injective.
Proof. Let Y → Spec(R) be the inclusion of the closed fiber with open complement j : U → Spec(R). Then Y is the spectrum of a local ring of smooth scheme over a field and Then
Proof. Let j : X K → X be the inclusion of the generic fiber. Then we have a distinguished triangle
by [6, p.88, III, Proposition 1.13] and the homomorphism
is an injective by Theorem 4.1. Moreover, the homomorphism
is an in injective. Hence the sequence
is exact and
by Proposition 4.1. Therefore the statement follows.
Lemma 4.1. Let R be a local ring of a smooth algebra over a discrete valuation ring A and X = Spec(R). Let i : Z → X be a regular closed subscheme of codimension 2 with open complement j : U → X. Suppose that char(Z) = p > 0.
Then
Proof. Let Z = Spec(R ′ ). Then R ′ is a local ring of a regular ring of finite type over a field. By Quillen's method (cf. [7, The proof of Theorem 5.11]),
where R ′ i is a local ring of a smooth algebra over F p and the maps R 
Proof. We have H
by Corollary 4.1. Let l be a positive integer which is prime to char(Z) = p > 0. Then
2.] and [13] .
On the other hand, we have
by [2, p.774, Theorem 1.2] and [13] .
Since 
and the sequence
Proof. By [9, Proposition 4.5], it it sufficient to prove the equation (14). We shall show the equation (14) by induction on dim X. In the case where dim X = 1, we can prove the equations (14) and (15) 
5Étale motivic cohomology of Henselian regular rings
Let A be an mixed-characteristic henselian discrete valuation ring, K its fraction field and π a prime element of A. We consider the following diagram of schemes.
where the vertical arrows are smooth. As an application, we have the following lemma.
Lemma 5.1. Let R be a henselian local ring of a smooth scheme over a mixed-characteristic discrete valuation ring A and π a prime element of A.
Then we have H Proof. We may assume that A is a henselian discrete valuation ring. Let q ≥ 1. Since R/(π) is a henselian local ring and char(R/(π)) > 0, we have Since the diagram
